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Elegant features of the unique symmetric equilibrium

No point mass in the distribution of performance: too easy to beat!

Performance 0 is in the support: my worst performances make me
lose anyway, so better be as bad as possible to save capacity.

The top performance in the support is proportional to the distance
between �rst and second prize (relative to average distance between
prizes).

If you plot on the same line the "prize density" and the equilibrium
pdf over performance, they are aligned!
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The intuition of pdf shape

A convex contest, where you compete to win (NBA playo¤s).

Decreasing pdf: probability concentrated on zero to save capacity and
employ it to stretch out the top performance (best players constantly
on the �eld with high risk of injuries).

A concave contest where you compete not to lose (Euroleague regular
season).

Increasing pdf: probability concentrated on performances slightly
above the mean, to reduce the risk of ending up towards the end of
the ranking (balanced use of players).

Consider the �xed capacity and the moving top of the support,
otherwise it is counterintuitive!!
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A motivation for equilibrium

It�s a constant-sum game, no gain from collusion.

Not an "obvious way to play the game": the equilibrium pdf may look
quite complicated.

Conjecture: every distribution is rationalizable.

Every pdf with the same (or smaller) support is a best reply to the
equilibrium conjecture.

Then, if you have the equilibrium conjecture, why to care about the
performance strategy? Just try not to exceed what the others at most
can do!
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A motivation for equilibrium

Conjecture: by playing the equilibrium pdf a contestant cannot get a
lower expected payo¤ than the equilibrium payo¤ (the mean prize).

True if one contestant deviates, by constant-sum the expected payo¤
of all players remains the same.

Then the equilibrium could emerge also through learning.
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